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pure displacement, and the motion compounded of these two independent motions. The first geometry was of course not based on purely metric notions, but made many considerable concessions to the physiological factors of sense.1 Thus is the appearance explained of two different fundamental measures: the (straight) length and the angle (circular measure). The straight line was conceived as a rigid mobile body (measuring-rod), and the angle as the
Fig.  14.
rotation of a straight line with respect to another (measured by the arc so described). Doubtless no one ever demanded special proof for the equality of angles at the origin described by the same rotation. Additional propositions concerning angles resulted quite easily. Turning the line b about its intersection with c so as to describe the angle a (Fig. 14), and after coincidence with c turning it again about
1Comp. supra, p. 83.ty of a body is restricted when one and then two of its points are fixed, and that finally it is altogether checked by fixing three of its points. Granting that rotation about an axis (two points), or rotation about a point in a plane, as likewise displacement with constant contact of two points with a straight line and of a third point with a fixed plane laid through that straight line,—granting that these facts were separately observed, it would be known how to distinguish between pure rotation,er die Thatsachen, welche cler Geometrie zu Grimde liegen.'' Gottinger Nachrichten, 1868, June 3.
